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Improved Power System Dynamic Stability by DFIG in the Presence
of SSSC Using Adaptive Nonlinear Multi-Input Backstepping
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Abstract— In this paper, Doubly Feed Induction Generator (DFIG) improves the dynamic stability of the power system in the presence
of Static Synchronous Series Compensator (SSSC) using nonlinear control theory. The control method used in this study is based on the
nonlinear multi-input adaptive backstepping control. The control signals are assigned to DFIG and SSSC and synchronous generator
excitation system. The applied control method is more effective than the conventional linear and nonlinear ones which are reported in the
literature. Also in this study, control inputs are designed considering their appropriate constraints. The controller coefficients are optimally
selected using intelligent algorithms that increase the performance of the controller in terms of achieving stability. The designed control is
robust against parameter variations and load changes as well as changing in the location of the disturbances. This method is simulated in
two aspects of the synchronous machine model as a third-order model and a second-order one. The methods are implemented on a 39-bus
IEEE system and the simulation results show the effectiveness of the proposed control mechanism.
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1. INTRODUCTION

In todays’ industrial world, the expansion of the use of wind
energy as one of the sources of renewable energies has become
more common. This is due to the growth of technology, good
infrastructure, lower comparative costs, reduced emissions and
abundant availability of this type of energy. Variable nature of
wind energy paved the way to implement variable speed machines,
especially DFIGs. As a result, DFIGs have become one of the
most important wind energy utilization systems. Their use in
wind energy conversion systems has been greatly increased due to
the advantages such as low cost, small size, ability to generate
maximum power in different wind speed conditions, elimination
of external DC sources, separation control of active and reactive
powers and smaller scale need of applied converters [2]. The
growing influence of DFIGs in power networks has led to the
issue of the stability of the power systems. A fuzzy control law
for monitoring active and reactive powers of DFIG is designed
in [3]. In [4], to mitigate the sub synchronous resonance, using
fuzzy method, a supplementary signal is used in DFIG control.
In [5], the pitch angle in wind turbine based DFIG is controlled
using fuzzy logic method. The dynamic energy stability region of
DFIG-integrated power system is investigated in [6]. If the DFIG
system is not properly controlled, variations in wind speed with
unpredictable loads or changing connections can put a lot of stress
on the wind power systems, [7, 8].

Flexible AC Transmission Systems (FACTSs) are used to
facilitate power transmission and to increase transmission lines
capacity. FACTS devices have been widely implemented in the last
two decades to strengthen the structure of modern power systems.
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With the advent of FACTS elements such as SSSC, dramatic
changes are taking place in the transmission networks in terms
of improved performance and power systems stability, [9, 10].
In [11], power system stability is enhanced using SSSC with a
fractional order controller.

Stability is one of the first requirements in power systems. A
suitable power system should be robust to errors and unwanted
factors. Moreover, it should ensure the stability from different
aspects. Types of errors, short circuits, load growth, production
shortages and many other factors are serious threats to system
immunity and disruption of stability. One of these phenomena
is low-frequency oscillations, which occur mostly in the face
of small and sudden disturbances. Power systems are highly
nonlinear, complex, and interconnected systems that are under
constant pressure to respond to increased consumer demand. For
this reason, the study of stability is a very important issue which
leads to the improved performance, efficiency and reliability of
power systems [12].

Power networks excitation control systems can provide additional
damping through the design of Power System Stabilizers (PSS) to
improve the stability [13]. In this type of damping controllers, the
local linear model of the power system around the operating point
is often used and different linear control methods are developed
and applied. However, these methods do not result in the required
necessary performance in the case of faults. To improve the
performance of the power system, some studies have implemented
a combination of linear and nonlinear controllers [14]. The
nonlinear control methods such as backstepping control, adaptive
control, adaptive backstepping control, sliding mode control and
Lyapunov direct method have been widely used to improve the
stability of power systems; however, these methods are more
based on improving damping by controlling the excitation system
of generators [15, 16]. Due to the growing penetration of wind
energy sources in power systems and the fact that DFIGs have
the ability to stabilize the voltage in their vicinity in the event
of disturbances, they can be used beneficially for the stability of
the power system and therefore they can have a share of network
stability. However, in most studies, this potential DFIGs capability
has not been noticed for improved stability and more attention
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Table 1. The name of each of the variables used in the equations

symbol Variable name symbol Variable name

δ0i Rotor angle of i-th generator in steady state δi Rotor angle of i-th generator
ω0i Rotor speed of i-th generator in steady state ωi Rotor speed of i-th generator
Vi Amplitude of Generator terminal voltage i-th Éqi Internal voltage of i-th generator in q-axes
θi Phase of Generator terminal voltage i-th Éi Internal voltage of i-th generator
T́d0i Constant time generator excitation coil i-th Idi Stator current of i-th generator in d-axis
xdi d-axis reactance generator steady state i-th Iqi Stator current of i-th generator in q-axis
x́di d-axis reactance generator transient state i-th ufi Excitation voltage of i-th generator
xqi q-axis reactance generator steady state i-th Mi Moment of inertia of i-th generator
Xi Equivalent Reactance of DFIG in steady state Pmi Mechanical input power of i-th i-th generator
X́i Equivalent Reactance of DFIG in transient state ud Signal control of DFIG

Fig. 1. DFIG with RSC and GSC Connected a Power System

has been paid to increasing the number of DFIGs to extract their
maximum power. Hence, the use of DFIGs to improve the stability
of the power grid should be more investigated [17, 18].

Investigating and improving the stability of large-scale power
networks including synchronous generators and DFIGs in the
presence of FACTS elements are one of the important challenges
of the power systems [19, 20]. In [21], a STATCOM is used
as a reactive support to regulate the main voltages in a power
system with DFIG. In [22], the voltage stability of power system
with DFIG using SSSC is improved. In [23], it is shown that
connecting FACTS controllers improves the stability of the new
power systems with the presence of DFIGs. In [24], the efects of
three FACTS controllers including SSSC on the transient stability
of a multi-machine power system based on a DFIG using linear
conventional controllers are studied. It is worthwhile to note that
the power system with SSSC and DFIG is a nonlinear system and
conventional linear controls are not suitable for large changes in
operating point and the effect of disturbances.

In this paper, the main concern is to consider simultaneous
control of DFIG and SSSC together with synchronous generators
excitation system to improve the dynamic stability of a power
system. The proposed scheme is to apply nonlinear multi-input
adaptive backstepping method. This designed control method
is more effective than conventional linear and nonlinear ones.
Also in this study, controller coefficients are optimally selected
using intelligent algorithms considering control inputs limitations,
which increases the effectiveness of the controller in terms of
achieving stability. The designed control is robust against changing
parameters and load variations as well as changing the location
of the disturbances. The proposed method has been implemented
considering two synchronous machine models namely 3rd -order
and 2nd-order ones. In the 2nd-order model of synchronous
generator, stability improvement is done only by DFIG and
SSSC control signals. In other words, if the excitation system of
synchronous generators is deactivated for any reason, the dynamic
stability of the power system can be realized by using the existing
control signals.

In the following, first the DFIG model and then the power
injection model for SSSC are presented. In the presented approach,
synchronous generators are modeled by a 3rd -order and 2nd-order
mathematical relations. Then, a multi-input backstepping control
law is developed for the two mentioned case studies, and at the
end, the simulation results for these case studies are presented.
Moreover, a comparison is made with conventional methods.

(a)

(b)

Fig. 2. (a) SSSC between bus i and bus j, (b) equivalent circuit of SSSC

Fig. 3. Alternative equivalent injection model of SSSC in power system

2. POWER SYSTEM MODELING

In this section, the assumed model for DFIG is firstly introduced.
Then the implemented model for SSSC is defined. Finally, the
model of the overall power system including DFIG, SSSC and
synchronous machines will be presented.

2.1. DFIG Model
Fig. 1 shows a DFIG connected to the power grid. The DFIG

has two power electronics converters namely Rotor-Side-Converter
(RSC) and Generator-Side-Converter (GSC). It is worthwhile to
note that the improvement of dynamic stability in power system
is the main concern in this study. The RSC has the key role
on this issue. Therefore, in the presented model, the RSC inputs
are the control variables. The considered model is known as the
synchronous generator model for DFIG. In this model, the stator
resistance is assumed to be zero. Based on this model, the 3rd

-order state equations are developed as follows [25]:



δ̇i = 1

ÉqiT0i

(−T0i(ωi − ω0 )Éqi

−Xi−X́i

ÉqiT0i

Visin(δi − θi) + T0iω0Vricos(δi − Φri))

ω̇i = ω0
2Hi

[Pmi
ωs
ωi
−BijÉqiVisin(δi − θi)]

˙́
Ei = 1

T0i
(−Xi

X́i
Éqi + Xi−X́i

X́i
Vicos(δi − θi)+

T0iω0Vricos(δi − Φri) )

(1)
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Fig. 4. Overview of the Power Network under Study

Fig. 5. Adaptive Control Diagram for Power System Including DFIG and
SSSC

In the above equations, Vi and θi are amplitude and phase angle
of each bus voltage, respectively. Bij is the imaginary part of the
admittance matrix which exists between DFIG and the connected
bus. Éi is the internal voltage of i-th generator. Vri and Φri are
amplitude and phase angle of applied voltage to rotor in polar
coordinates, respectively.

2.2. The Injected Model of SSSC
To model the SSSC element in the power grid, it is assumed

that each SSSC element in the grid is located between bus i
and bus j as shown in Fig. 2. The model proposed for SSSC is
a series converter. This converter can inject reactive power into
the series branch and can be used to stabilize the voltage of the
power system buses as well as to contribute to the improvement
of dynamic stability [26].

SSSC function is implemented to improve dynamic stability by
choosing the appropriate series voltage source, that is, Vse. Hence,
this controllable voltage of the converter can be represented as in
(2): {

Īinj = −jBijVsevse = Vsee
jΦse

Bij = 1
xsij

(2)

In Fig. 3, Psi, Psj , Qsi and Qsj are defined between bus i-th
and bus j-th as below:

Si= P si + jQsi = −BijVsekVisin (θi − Φsek)
+jBijVsekVicos (θi − Φsek)

Sj= P sj + jQsj = BijVsekVjsin (θj − Φsek)
−jBijVsekVjcos (θj − Φsek)

(3)

In this study, it is assumed that SSSC component only produces
and consumes reactive power. It is also assumed that the series
resistance of the transmission line, on which, the SSSC is located
equals zero. Hence, the SSSC voltage angle will be determined in
the following form:

Φsek = tan−1(
Vjsin (θj) − Visin (θi)

−Vjcos (θj) + Vicos (θi)
) (4)

2.3. Modeling of the Overall Power System Including DFID
and SSSC
Fig. 4 shows an overview of the power network under study.

The target network includes n1 synchronous generator, one DFIG
and one SSSC. Here the transmission lines are considered lossless
and are represented by the admittance matrix Y ij = jBij . In the
power system, it is assumed that the mechanical input power of
the generators is constant. Moreover, the stator resistance of the
generators is ignored. The total load on each bus i is modeled as
Yi = Gi − jBi .

Firstly, the model of synchronous generators is represented as a
3rd -order model according to (6). In this model, ufi is considered
as the control input of the generator internal voltage excitation
circuit [12].

δ̇i = ωi − ω0

ω̇i = 1
Mi

[Pmi − Pei]
˙́
Eqi = 1

T́d0i
(ufi − Éqi − (xdi − x́di)Idi

(5)

Pei =
ÉqiV isin(δi−θi)

x́di
+
Vi

2sin2(δi−θi)(x́di − xqi)
2xqix́di

(6)

Idi =
Éqi − V icos(δi−θi)

x́di
(7)

A 3rd -order model for synchronous generators is assumed to
be adequate for dynamic stability analysis in this study. Higher
order models have more damping effect in their nature. This fact
makes the dynamic stability improvement to be easier to achieve
with respect to lower-order models. Hence, a suitable and realistic
choice for modelling the synchronous generators is a 3rd -order or
a 2nd-order form to challenge the desired improvement in dynamic
stability.

Next, the model of synchronous generators is considered as a
2nd-order model. In this model, the internal voltage of synchronous
generators is assumed to be constant. Therefore, equation (8)
exhibits this reduced-order case:{

δ̇i = ωi − ω0

ω̇i = 1
Mi

[Pmi − ÉqiIqi]
(8)

The algebraic equations of power balance in all buses connected
to the synchronous generators and buses connected to SSSC and
DFIG of power system results in the following equations:{

PLi +
∫ N
j=1

BijViVjsin (θi − θj) = 0

−QLi +
∫ N
j=1

BijViVjcos (θi − θj) = 0
(9)

where, N is the total number of buses including synchronous
generator, DFIG and buses connected to SSSC. Note that N
= n + 2, where n equals to the total number of synchronous
generators and DFIG, n = n1 + 1. B′ijs are the elements of
the reduced order admittance matrix. The SSSC control inputs
are defined as us1 = V sekcos (Φse) and us2 = V sesin (Φse) .
With trigonometric expansion in algebraic equations of the power
balance in the i-th and j-th buses and differentiating and separating
the variables, the following equation is obtained:
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 a1,1 · · · a1,2(n+2)

...
. . .

...
a2N,1 · · · a2N,2(n+2)





V̇1

...
V̇n+2

...
θ̇1

...
θ̇n+2


= −

 b1,1 · · · b1,2n
...

. . .
...

b2N,1 · · · b2N,2n





˙́
Eq1
˙́
Eq2

...
˙́
Eqn
δ̇1
δ̇2
...
δ̇n


−

 g1,1 g1,2

...
...

g2N,1 g2N,2

[ u̇s1
u̇s2

]
(10)

where the definitions of aij , bij and gij are given in Appendix
A. Equation (10) can be rewritten as the following compact form

[
A
] [ V̇

θ̇

]
= −

[
B
] [ ˙́

Eq
δ̇

]
−
[
G
]
U̇s (11)

where V̇ =
[
V̇1 ..V̇n+2

]T
, θ̇ =

[
θ̇1. . θ̇n+2

]T
,

˙́
Eq =

[
˙́
Eq1 ..

˙́
Eqn1

˙́
E

]T
, δ̇ =

[
δ̇1 ..δ̇n1 δ̇d

]T
and

U̇s =

[
u̇s1
u̇s2

]
=

[
r1

r2

]
= r.

Since r1 and r2 are interdependent, there is practically only one
control input for SSSC.

Using (11) and defining δ̇n and ˙́
Eqi in (1) and (5) together with

defining hi = 1
T0i

(−Éqi −
(
X − X́

)
Idi), equation (13) will be

obtained.

˙́
Eqi = hi +

1

T0i
ufi (12)

[
A
] [ V̇

θ̇

]
= −

[
B
] [ hi

δ̇

]
−
[
B́
]
Uf −

[
G
]
r,

B́ =
[
B
] [

1
T01

. . . 1
T0n

0 . . . 0
]T

(13)

In the above equation, Uf=
[

uf1 · · ·ufn1 ud1 ud2
]T is

corresponding to the excitation of synchronous generators and U̇
is the controllable input of SSSC. By solving the matrix equation
(13), it is obtained that

[
V̇

θ̇

]
=

C︷ ︸︸ ︷
−[A]−1 [B]

[
hi

ω − ω0

] D︷ ︸︸ ︷
−[A]−1

[
B́
]
Uf

K︷ ︸︸ ︷
−[A]−1 [G] r

(14)
with the following forms

C =

 c1,1 · · · c1,2(n+1)

...
. . .

...
c2N,1 · · · c2N,2(n+1)

 ,
D =

 d1,1 · · · d1,n+1

...
. . .

...
d2N,1 · · · d2N,n+1

 ,
K =

 k1,1 · · · k1,2

...
. . .

...
k2N,1 · · · k2N,2

 ,
H =

[
hi
ω

]

(15)

Finally, the power system state equations with DFIG and SSSC
are expressed in (16):

δ̇i = ωi − ω0i

ω̇i = 1
Mi

[Pmi − Pei](16− a)
˙́
Eqi = fgi(x) + ggi(x)ufi

(16a)

δ̇i = (ωi − ω0i )

ω̇i = ω0
2Hi

[Pmi
ωs
ωi
−BiÉiVisin(δi − θi)]

(16b)

˙́
Ei = fdi(x) + gdi(x)udf1i

V̇i =
∫ n+p

j=1
cijHj+

∫ n+p

j=1
dijufj +

∫ n+p

j=1
kijr(16− c)

Φ̇i =
∫ n+p

j=1
ci+n+2,jHj+

∫ n+p

j=1
di+n+2,jufj +

∫ n+p

j=1
ki+n+2,jr

(16c)

Substituting the definitions of Idiand Iqi from (6) and (7) leads
to obtain the equations represented in (16). The definitions of fdi,
gdi, fdi and gdi are given in Appendix A. The first part is related
to synchronous generators, the second part is related to DFIGs and
the third part is related to network buses voltages.

3. NONLINEAR CONTROLLER DESIGN

Using the obtained model to improve the dynamic stability of
the power system, control inputs are designed in [27]. Due to the
fact that two models for synchronous generators are considered,
the control inputs are designed separately.

3.1. Controller Design for SSSC and DFIG Considering 3rd

-Order and 2nd-order Models for Synchronous Generators

In this case, considering that the 3rd -order model for
synchronous generators is applied, the number of control inputs of
the system equals to n + 2. One of these inputs is related to SSSC
and one is related to DFIG and the remaining ones are related to
the excitation current of synchronous generators. Here, the SSSC
input is used separately to improve the voltage profile by feedback
linearization control on one of the buses connected to the SSSC.
Other inputs are used to improve the dynamic stability after fault
clearance by the multi-input backstepping control.

From (16), the derivative of SSSC voltage amplitude is given
by [28]:

V̇m =

∫ N

j=1

cmjHj+

∫ N

j=1

dmjufj +

∫ N

j=1

kmjr (17)

where m is the bus number connected directly to SSSC which
should be regulated. Based on feedback linearization control the
following control law is obtained:

r =
1∫ n+p+2

j=1
kmj

[
−
∫ N

j=1

cmjHj−
∫ N

j=1

dmjufj

− kv1(Vm − Vmd) − kv2

] (18)

where Vmd is the desired bus voltage which should be regulated.
Vmd is constant; so

V̇md= 0.

In the following, the mathematical form of the adaptive
backstepping control will be explained
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Fig. 6 (a). Power system Control Flowchart Including SSSC and DFIG with 3rd-order Model of Synchronous Generators with Multi-Input Adaptive
Backstepping Control Method

Let consider the following strict feedback system

ẋ1 = x2 + ϕ1(x1)T θ

ẋ2 = x3 + ϕ2(x1, x2)T θ

...

ẋn−1 = xn + ϕn−1(x1, x2, . ., xn−1)T θ

ẋn = u+ ϕn(x1, x2, . ., xn)T θ

(19)

where xi∈R are state variables; i=1,2,..,n; θ∈Rp is the uncertain
parameters vector; ϕi are differentiable function of order n-th and
ϕi(0, 0, . . . , 0) = 0; u∈ R is the control input.

With the assumed conditions, the control input is obtained in
the form of (20) and the adaptation law of uncertain parameters is

represented in the form of (21).

u = αn =−zn−1−cnzn − ϕnT θ̂

+

∫ n−1

j=1

dαn−1

dxj
xj+1 +

dαn−1

dθ̂

˙̂
θ + βn

(20)

˙̂
θ=Γ

∫ n

i=1

ziϕi (21)

Details of this method and the definition of its variables are
presented in [29]. The method described in [29] is used for a
single-input system. Here, by developing the method used for
a multi-input system, a multi-input backstepping controller is
designed for the power system with a 3rd -order synchronous
generator model. For this purpose, the equations must have a
similar form as presented in (19). In this regard, first the new state
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Fig. 6 (b). Power System Control Flowchart Including SSSC and DFIG with
2nd-order Model of Synchronous Generators with Multi-Input Adaptive
Backstepping Control Method

variables are defined as in (22).

x1i=δi−δi0 , x2i=ωi−ω0i

x3i =

{
ÉqiV i

sin(δi−θi)
x́di

+ Vi
2sin2(δi−θi)

2xqix́di
1 < i < n1

BiÉiVisin(δi − θi) for i = n
(22)

After substituting the definitions (22) in (16), the general form of
the equations for each generator is obtained as follows:

ẋ1i = x2i

ẋ2i = 1
Mi

[Pmi − x3i]

ẋ3i = fTi + Γiϕi +
∫ n+2

j=1
gTijufj +

∫ n+2

j=1
Lijr

(23)

The above dynamic equations have a suitable form for controller
design by adaptive backstepping method. In this relation

xdi−x́di=ϕi acts as an uncertain parameter and Γi is a
function of system variables.
Γi(x) = − Éqi−Vicos(δi−θi)

T́d0ix́di
1<i<n1

Γi(x) = 1

T0iX́i

[
Vicos(δi−θi)− Vicos(δi)sin(δi−θi)

sin(δi)

]
; n1+1<i<n

The matrix form of (23) is rewritten obtained as in (24) Ẋ1 = X2

Ẋ2i = Minv[Pm −X3]

Ẋ3i = FT + U + Γϕ

(24)

where

U = GTUf + Lr

Z1 = [z11 z12 . . . z1n]T , Z2 = [z21z22 .. z2n]T

X1 = [x11 x12 . . . x1n]T , X2 = [x21x22 .. x2n]T

X3 = [x31 x32 . . . x3n]T , X3s = [x3s1x3s2 .. x3sn]T

ϕ = [xd1−x́d1 xd2−x́d2 . . . xdn−x́dn]T

Γ =

 Γ1(X1, X2, X3) · · · 0
...

. . .
...

0 · · · Γn(X1, X2, X3)


The following variables are defined based on the backstepping
method:

Z1 = X2 +KDX1Z2 = X3 −X3s (25)

The derivatives of these variables are obtained as:

Ż1 = Minv[Pm −X3] +KD(Z1 −KDX1)

Ż2 = FT + U + Γϕ− Ẋ3s
(26)

Now a Lyapunov function is considered as follows:

VL = X1
TX1 + Z1

TZ1 + Z2
TZ2 + ϕ̃T ϕ̃

where ϕ̃=ϕ−ϕ̂ and ϕ̂ is the estimated value of ϕ.

V̇L = X1
T Ẋ1 + Z1

TKT Ż1 + Z2
TKSŻ2 + ϕ̃T γ ˙̃ϕ

Substituting from (24) and (26), one can obtain

V̇L =X1
T (Z1 −KDX1) + Z1

T (Minv[Pm −X3] +KDX2)

+ Z2
T (FT + U + Γϕ− Ẋ3s) + ϕ̃T γ ˙̃ϕ )

=−X1
TKDX1 + Z1

T (X1 +Minv[Pm −X3s] +KDX2)

+ Z2
T (FT + U +Γ ϕ̂−Minv Z1 − Ẋ3s)

+ (Z2
TΓ + ˙̃ϕ

T
γ)ϕ̃

Since the values of uncertain parameters are constant; ϕ̇ = 0,
then ˙̃ϕ= − ˙̂ϕ . For the derivative of the Lyapunov function to be
negative semi-definite, the following conditions must be met:

X1 +Minv[Pm −X3s] +KDX2) = −KTZ1 (27)

(FT + U + Γ ϕ̂−Minv Z1 − Ẋ3s) = −KsZ2

(Z2
TΓ + ˙̃ϕ

T
γ) = 0

(28)

Therefore, the following relationships can be found

X3s = Minv
−1(KTZ1+X1 +MinvPm +KDX2) (29)

U = −KsZ2− Γ ϕ̂+Minv Z1−FT + Ẋ3s (30a)

Uf = GT
−1(U − Lr) (30b)

U = −KsZ2− Γ ϕ̂+Minv Z1−FT + Ẋ3s (30c)

(Z2
TΓ − ˙̂ϕ

T
γ) = 0→ ˙̂ϕ = γ−1TΓZ2 (31)
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Fig. 7. The NEW ENGLAND standard 39-bus power system includes a wind generator equipped with DFIG

In (28), the definition of ẋ3si is as follows:

ẋ3si =Mi(1 + kdikTi)x2i − (kdi + kTi)x3i

+ (kdi + kTi)Pmi) −FTi)
(32)

Considering the stated conditions, the derivative of the Lyapunov
function becomes negative semi-definite and as a result the
stability of the system is proved [30, 31].

V̇L = −X1
TKDX1 − Z1

TKTZ1 − Z2
TKsZ2

To better understand how the system and the designed controller
work, a general diagram is shown in Fig. 5.
In the case of 2nd-order model for synchronous generators, the
internal voltage of the synchronous generators is constant, so the
control inputs to improve the stability are DFIG input and SSSC
related control signal.

The general design of the controller with applying 2nd-order
model for synchronous generators is the same as the design
method which was proposed for 3rd –order one. In the previous
stage, the SSSC input is used to control the terminal voltage
connected to it, however, here this control input is also designed
using a backstepping method. Since the uncertain parameter is
removed from the equations, the multi-input backstepping method
is used without adaptation of the uncertain parameter. Considering
the above changes, the general form of dynamic equations with
respect to equation (24) is obtained as in (33): Ẋ1 = X2

Ẋ2i = Minv[Pm −X3]

Ẋ3i = FT +GTU

(33)

where U=
[
ud1 r1

]T , GTn =
[
GT L

]
; r1 is the SSSC

control input; ud1 is DFIG control input. Performing the design
process as in the previous section and considering that the GTn
matrix is a non-square matrix, the control input is obtained as
follows:

U = (GTn
TGTn)

−1
GTn

T (−KsZ2+Minv Z1−FT+Ẋ3s (34)

3.2. Optimization of KD , KT and Ks Matrices Using PSO
Intelligent Algorithm
In this sub-section, to obtain the best result to improve dynamic

stability, the controller gain matrices are found using the PSO

intelligent optimization algorithm. The objective function which
is considered for this part is represented in (35). Minimizing
the proposed objective function and obtaining the values of KD ,
KT and Ks matrices, the stability of the power system is
improved [32–34]. The values for these matrices are given in
Appendix D.

J =

∫ n

j=1

(δi − δi0)2 + γ

∫ n

j=1

(ωi − ωi0)2 (35)

where γ is a weighting coefficient that can be determined
experimentally. Extracting the optimal values for gain matrices in
three different control modes (DFIG-only, SSSC-only and DFIG
and SSSC simultaneous control) has been performed separately to
improve dynamic stability.

3.3. Flowcharts of the Proposed Method to Improve Dy-
namic Stability of the Power System Including DFIG and
SSSC

Regarding the modelling procedure developed in the previous
section, the flowchart in Fig. 6 (a) depicts for the case that the
synchronous generator is modelled with a 3rd -order one. This
model is applied and the control procedure is developed with DFIG
and SSSC in different modes. Similarly, the flowchart in Fig. 6
(b) is related to the case, in which, the synchronous generator is
modeled with 2nd-order one, meaning that there are only control
over DFIG and SSSC.

4. SIMULATION RESULTS

To verify the performance of the proposed nonlinear control
law and to see the effect of each of the DFIG and SSSC
elements on the stability of the system in different modes, the
NEW ENGLAND 39-bus network shown in Fig. 7 has been used.
This network includes 10 synchronous machines, a DFIG on bus
number 19 and a SSSC element between buses number 16 and 19,
the specifications of this system are given in Appendix C.

It is assumed that in the selected network, a short circuit fault
is occurred on bus number 4 for 100 milliseconds. Here, three
cases are considered to investigate the effect of each element on
stability.
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Fig. 8. (a) Speed deviation G4 and DFIG while is not control on system,
(b) rotor angle deviation of all machines by only DFIG and excitation
system of synchronous generator are multi input adaptive back stepping
control, (c) speed deviation of all machines by only DFIG and excitation
system of synchronous generator are multi input adaptive back stepping
control

4.1. The First Scenario: Synchronous Generator with 3rd
Order Model

In this scenario, in the 39-bus network, a three-phase short
circuit occurred near generator No. 4 for 100 milliseconds.
Initially, the system does not have any control. For instance, the
plot of the speed variations of the G4 and DFIG generators is
typically shown in Fig. 8(a). It is clear that the power system is
dynamically unstable. In the first study, the DFIG control inputs
and synchronous generators are determined to improve the dynamic
stability using the multi-input adaptive backstepping method. The
SSSC control input is determined separately to improve the voltage
profile by applying feedback linearization method. Figures 8(b)
and 8(c) show the variations in the internal angles and speeds of
the machines after clearing the fault in this case. As it turns out, all
machines and DFIG have reached to their equilibrium condition.
In the second study, only the SSSC control input and the
synchronous generators inputs are determined to improve the
dynamic stability using the multi-input adaptive backstepping
method, and the DFIG control input has no effect on control. In
Figures 9 and 10, the variations in the rotor angles and speeds of

 

Fig. 9. Rotor angle deviation of the generators rotor after fixing the short
circuit fault

 

Fig. 10. Rotor speed deviation of the generators after the short circuit fault

the machines are depicted. It can be seen that these variations tend
towards zero.

In the third study, in which the proposed method is fully applied,
DFIG and SSSC control inputs with synchronous generators are
simultaneously determined to improve dynamic stability using the
multi-input adaptive backstepping method. In Figures 11, 12 and
13, speed variations, internal angle variations, and electrical power
of the machines are shown. These variables have reached to their
nominal values after a short transient part. In Table 2, the stability
quantities such as settling time, overshoot value and rise time are
compared to three states of primary condition. According to this
table, the third case study behaves better than the previous two
case studies. In other words, the damping rate is higher. In Table 3,
a comparison is made between the proposed method in the third
study with the results of [15]. The table shows that applying the
proposed method results in better performance than the nonlinear
method in [15]. Table 4 compares the proposed method under the
same conditions to the linear method presented in [19], in which
the proposed controller behaves even better.

To compare the damping characteristics of the proposed control
method and validation of the quantities in Table 2, the phase
diagrams for a number of machines such as G2, G4 and DFIG, in
the three studies are shown in Fig. 14. The system starts from an
initial point after clearing the fault, and reaches the equilibrium

 

Fig. 11. Angle variation of the generators rotor after fixing the short circuit
error in bus 39
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Table 2. Comparison of control criteria in 3 state of primary case study for speed variation machines

Only SSSC Only DFIG DFIG & SSSC simultaneously

GEN
NO

Overshoot
percent

settling time
(sec)

Overshoot
(rad/sec)

settling
time
(sec)

Rise time
(sec)

Rise time
(sec)

Overshoot
(rad/sec)

settling
time
(sec)

Rise time
(sec)

3 0.025 0.25 .02 .24 0.048 0.05 0.1 1.6 0.4
4 0.12 1.8 .115 1.8 .24 0.25 0.15 2.4 0.92
5 0.01 0.11 .01 0.1 .029 0.03 0.2 2 0.2
DFIG 0.3 0.85 .35 0.75 .08 0.09 1 5 0.1

Table 3. Comparison of control criteria between adaptive multi input back-stepping and nonlinear control method in [15]

Proposed control in this article Only DFIG State Nonlinear Control design in [15]

G3 Overshoot settling time (sec) Rise time (sec) Overshoot settling time (sec) Rise time (sec)

Speed deviation 0.002p.u 4 0.3 0.005p.u 5 0.5
Rotor angle 14◦ 4 3 35◦ 5 0.1
Control signal 3.35 p.u 2.8 0.05 3.2 p.u 7.5 0.4

Table 4. Comparison of control criteria between adaptive multi-input back stepping and optimized linear control method in [19]

Proposed control in this article with DFIG & SSSC Optimized Linear Control Design in [19]

G4 Overshoot settling time (sec) Rise time (sec) Overshoot settling time (sec) Rise time (sec)

Speed deviation 0.002 p.u 3 0.15 0.015 p.u 4.5 0.2
Rotor angle 14◦ 3.5 1 55◦ 4 0.15
Control signal 3.35 p.u 2.8 0.05 - - -

 

Fig. 12. Speed deviation of the generators after the short circuit fault in
bus 39

 

Fig. 13. Electric power of the generators and DFIG after the short circuit
fault in bus 39

point. Figures 15 and 16 show the control signal and the results
of parameter estimation in all three study modes. As shown in
Fig. 15, the amplitude of the signals is limited and they have
reached the same initial values. It can also be seen in Fig. 16 that
the estimation error tends towards zero, i.e. the estimation of the
parameters converges to the actual values. Also, in the third case,

the responses look better than the two previous cases.
Due to the fact that the mechanical input power of the generators
may change, it is considered that the mechanical input power of
the DFIG suddenly changes by about 10% and then returns to its
initial value. Fig. 17 shows the variations in angular velocity of
generators for this test using the proposed control. It is observed
that the controller acts well against these changes and stabilizes
the system with the lowest time and oscillation amplitude.
Fig. 18 depicts the behavior of synchronous generator No. 4 in

the case where the uncertain parameter related to Generator 4
increases by about 10% after clearing the fault. According to this
figure, considering the parameter estimation in the control system,
with the change of the uncertain parameter, the total response does
not vary much and only the overshoot value is increased from 0.12
to 0.18 radians per second. This indicates the robustness of the
control system to the changes in system uncertain parameters.
To demonstrate the robustness of the designed control system to
changing the fault location, a three-phase short circuit fault is
applied near machine No. 7. Fig. 19 shows the diagram of the
speed variations of all generators after clearing this fault. It can be
seen that all generators have stabilized after about 1.8 seconds.

4.2. The Second Scenario: Synchronous Generator with
2nd -Order Model

This sub-section examines the stability of the power system when
an unknown problem is occurred in the excitation system of
synchronous generators for any reason and has no effect on the
control of the generator. In this case, it is assumed that only the
DFIG and SSSC elements are able to control and stabilize the
power system. For this purpose, the model used for synchronous
generators in this section is considered a 2nd-order model. That
is, the excitation system of synchronous generators is not active.
In other words, the internal voltage amplitudes in synchronous
generators are considered to be constant. Based on the proposed
controller design method developed in Section 2–3, the SSSC and
DFIG control inputs act simultaneously to improve the stability
of the power system. Figures 20 to 23 show G4 rotor angle and
speed variations, and phase diagrams, respectively. According to
these figures, in this simulation mode, the controller is able to
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Fig. 14. Phase diagram of wind turbine based DFIG and G4 and G2

 

Fig. 15. Control signals of G2, G4 and DFIG (a) DFIG and excitation system control signals are designed by Multi input adaptive back stepping control,
(b) SSSC and excitation system control signals are designed by Multi input adaptive back stepping control, (c) DFIG, SSSC and excitation system control
signals are designed by Multi input adaptive back stepping control

 

Fig. 16. Estimation deviation for G2, G4 and DFIG, (a) DFIG and excitation system control signals are designed by Multi input adaptive back stepping
control, (b) SSSC and excitation system control signals are designed by Multi input adaptive back stepping control, (c) DFIG, SSSC and excitation system
control signals are designed by Multi input adaptive back stepping control
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Fig. 17. Speed deviations of synchronous generators and DFIG considering 10% mechanical power variation in DFIG

 

Fig. 18. Speed deviation of G4 against changing uncertain parameter

 

Fig. 19. Speed deviations of synchronous generators and DFIG against
changing point of fault occur to near G7

stabilize the system, but the overshoot and settling times as well
as the amount of fluctuations and the steady-state error have been
increased compared to the first scenario. The reason is that there
is no control over the generators. For this case, it is concluded that
stabilization is just as significant. This fact shows the strength of
the proposed method in damping the amplitude of fluctuations.

5. CONCLUSIONS

In this study, an adaptive multi-input backstepping controller
is designed for power systems including DFIG and SSSC. The
final designed control law makes the control system robust
against parameter changes with a limited value for control
signals amplitude by estimating the uncertain parameters related to
synchronous generators and DFIG.

The controller is designed by considering the appropriate
variables for applying the backstepping method and selecting a
suitable positive-definite Lyapunov function which guarantees the
stability of the power system. According to the results obtained

 

Fig. 20. Rotor angle deviation of G4 the after clearing the short circuit
fault

 

Fig. 21. Speed deviation of G4 the after fixing the short circuit fault

 

Fig. 22. Phase diagram of G2, G4 and wind turbine based DFIG
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Fig. 23. Control signals of synchronous generators and DFIG

from Table 3, the overshoot value and the amount of settling
time are improved about 50% and 20%, respectively, compared
to the nonlinear methods in the latest studies. In addition, it has
a better performance than the linear methods developed in the
existing literature. Moreover, the proposed control is robust against
parameters changes, load changes and relocation of disturbances.

Finally, in the pessimistic state that the generators do not act,
the adaptive backstepping control on DFIG and SSSC, which is
performed by PSO optimization, works adequately well in damping
the amplitude of fluctuations after the occurrence of disturbances.

APPENDIX

Appendix A. Parameters and variables definitions of sec-
tion 3

 a1,1 a1,2 ... a1,n

a2,1 a2,2 ... a2,n

. . . .
an,1 an,1 ... an,n





V̇1

V̇2

...
V̇n

φ̇1

φ̇2

...
φ̇n


=

−

 a1,1 a1,2 ... a1,n

a2,1 a2,2 ... a2,n

. . . .
an,1 an,1 ... an,n





Ė′q1
Ė′q2

...
Ė′qn

δ̇1

δ̇2
...
δ̇n


ai,j =

n∑
i=1

n∑
j=1

Vj(Gijcos (θi − θj) +Bijsin (θi − θj))

ai,j+N =

n∑
i=1

N∑
j=1

ViVj(−Gijsin (θi − θj) +Bijcos (θi − θj) )

ai+N,j =

n∑
i=1

N∑
j=1

Vj(Gijsin (θi − θj)−Bijcos (θi − θj)

ai+N,j+N =

n∑
i=1

N∑
j=1

ViVj(Gijcos (θi − θj)

+Bijsin (θi − θj) ) bi,i

=
ÉqiVicos (δi − θi)

x́di

−Vi
2cos2 (δi − θi) (x́di − xqi)

x́dixqi

bi,i+n =
Visin (δi − θi)

x́di

bi+N,i =
−́EqiVisin (δi − θi)

x́di

−2V i
2cos (δi − θi) sin (δi − θi) (x́di − xqi)

x́dixqi

bi+N,i+n =
Vicos (δi − θi)

x́di

gi,1 = Vi(Gi,jcosθi +Bijsinθi)

gi,2 = Vi(Gi,jsinθi −Bijcosθi )

gi+N,1 = Vi(Gi,jsinθi −Bijcosθi)

gi+N,2 = −Vi(Gi,jcosθi +Bijsinθi)

fgi(x) =
1

T́d0i
(− Éqixdi

x́di
+
Vi(xdi − x́di)cos(δi−θi)

x́di
)

ggi(x) =
1

T́d0i

fdi(x) =
1

T0i

[
− Xi

X́i
Éi +

Xi − X́i
X́i

Vicos(δi − θi)

− cos(δi)
´

T0iÉi
sin(δi)

(ωs −ω0)− Vicos(δi)sin(δi − θi)
sin(δi)

Xi − X́i
X́i

]
gdi(x) =

ωs
sin(δi)

ud1i = Vricos(Φri)

ud2i = Vrisin(Φri)

Appendix B. Variables definitions of section 4

fTN =BwfdwVwsin(δi − θi) +BwÉwVw(ωw − ωw0)cos(δw − θi)

+BwÉwsin(δi − θi)
2n∑
j=1

cwjHj

−BwÉwVwcos(δw − θi)
2n∑
j=1

c(w+n1),jHj

M =BgdiVisin(δi − θi)ud1i +BÉisin(δi − θi)
[ n1∑
j=1

dijusj

+

n2∑
j=1

di,j+n1ud1j+ki,1r

]
−BÉiVicos(δi − θi)

[ n1∑
j=1

d(i+n+2),jusj +

n2∑
j=1

d(i+n+2),j+n1ud1j

]

Appendix C. Specification of new England 39 bus and 10
machine power system

Table 5. Equivalent specifications of wind turbine based DFIG

Xd X
′
d Xq H

2.605 0.107 0.0107 4
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Table 6. Equivalent specifications synchronous generators

Unit No. H Ra x’d x’q xd xq T’do T’qo xl

1 5 0 0.006 0.008 0.02 0.019 7 0.7 0.03
2 30 0 0.0697 0.170 0.295 0.282 6.56 1.5 0.035
3 35.8 0 0.0531 0.0876 0.2495 0.237 5.7 1.5 0.0304
4 28.6 0 5 26.0 0 0.132 0.166 0.67 0.62 5.4 0.44
5 26 0 0.132 0.166 0.67 0.62 5.4 0.44 0.054
6 34.8 0 0.05 0.0814 0.254 0.241 7.3 0.4 0.0224
7 26.4 0 0.049 0.186 0.295 0.292 5.66 1.5 0.0322
8 24.3 0 0.057 0.0911 0.290 0.280 6.7 0.41 0.028
9 34.5 0 0.057 0.0587 0.2106 0.205 4.79 1.96 0.0298
10 42 0 0 0.031 0.008 0.1 0.069 10.2 0.0 0.0125

Appendix D. DFIG and SSSC Control Parameters

KD= Diag
[
51.992 17.934 41.124 70.78 24.714 87.88 29.55 108.71 69.11 91.65 27.81

]
KT= Diag

[
32.97 10.98 69.28 71.28 70.41 51.12 77.34 58.28 88.01 63.089 110.44

]
KS= Diag

[
24.69 81.06 26.83 2.307 63.509 53.149 57.65 69.39 92.35 34.62 79.281

]
Only SSSC control parameter:

KD= Diag
[
38.807 35.402 11.06 37.14 89.75 54.01 74.22 49.45 10.72 48.26 84.37

]
KT= Diag

[
36.60 28.13 32.36 40.99 72.0 77.11 32.06 86.00 78.99 55.12 88.51

]
KS= Diag

[
12.19 74.77 1.22 24.46 81.83 8.83 65.01 24.94 53.53 70.618 80.174

]
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